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The article shows the relevance of the problem of development and analysis of algorithms for tracking
small-sized UAVs according to video surveillance. A Kalman-type correlation algorithm for tracking of a
small-sized UAV in the presence of spatially uncorrelated interference, which is the most common in practice,
is synthesized. In the obtained algorithm, the UAV motion parameters are estimated independently along
the axes of a rectangular coordinate system. Positioning accuracy analysis using the correlation algorithm, as
well as the correlation algorithm for tracking UAVs based on the Kalman filter, was carried out by statistical
modeling in the Matlab programming environment.
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Introduction

Despite the initial prerogative of using unmanned
aerial vehicles (UAVs) mainly for military purposes,
small (about 50 centimeters long) UAV technologies are
now increasingly used in many sectors of the economy,
as well as to meet the needs of commercial and private
consumers [1, 2].

On the other hand, the development and spread of
small UAVs have led to a new class of menace [3]: espi-
onage, terrorism, transportation of prohibited goods,
air traffic complications, property damage. Today in
the leading countries of the world the solution of
problems of neutralization of menace from the use of
small UAVs and the creation of appropriate protection
systems is brought to the level of national security
[4, 5]. Therefore, important tasks are to track UAVs
and control the activities allowed for them.

The low visibility of small UAVs necessitates the
use of integrated surveillance systems [6,7], an integral
part of which is a video surveillance system. Therefore,
the urgent task is to develop and analyze algorithms for
tracking small UAVs according to video surveillance.

The correlation method [8–10] is used to detect
objects in images, which is highly effective due to the
indirect use not only of the brightness characteristics
of objects, but also their shape and position. At the
same time, the most common interference in practi-
ce, which distorts the image, is spatially uncorrelated
additive noise [11]. According to the observation data

of various electronic systems, the Kalman filter is wi-
dely used for tracking purposes [12, 13]. In [14, 15],
a tracking system is presented that uses correlation
filters and Kalman prediction to determine the posi-
tion of an object in each frame of a video sequence.
They consider the issues of improving the discrimi-
nation coefficient between objects and suppression of
a complex background. Therefore, the relevant task is
to analyze the influence of uncorrelated noise on the
efficiency of tracking a small UAV by Kalman-type
correlation algorithm.

1 Algorithm of correlation

tracking of Kalman-type on

small UAV

Consider the following model that allows you to
monitor changes in the real target to be tracked. The
target in the image (Fig. 1) is a set of connected points,
the geometric center of which has coordinates 𝑥𝑒, 𝑦𝑒.
Place the target in a rectangular area in which it fits
with a margin. The amount of ”margin” should be
chosen from the maximum possible range of resizing
the target on adjacent image processing cycles. Because
the target configuration may change, the point taken as
the center of the target and the size of the rectangular
area may change during detection and tracking.

http://radap.kpi.ua/radiotechnique/article/view/1754
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Fig. 1. Object model

The rectangular area is a model of the object of
observation, so the tracking task is to track the center
of the rectangular area of the current image, which is
the real target, using a Kalman-type correlation algo-
rithm for positioning images and tracking. An object
model in the form of a rectangular area in correlation
positioning algorithms is called a reference image. It
is determined on the previous cycles of the Kalman
filtering algorithm.

One of the main tasks of tracking is the formation
of the gate – the search area of the set of measuring
coordinates of the target, i.e. in this area the possible
options for the position of the target are considered.
The area of the gate has the form of a rectangle in
Fig. 2, and its dimensions are determined depending
on the size of the object of observation that get into
this area. The center of the search gate is located at
the point of the predicted position of the target in the
current image (Fig. 2), so the coordinates of its center
coincide with the coordinates of the center 𝑥𝑒, 𝑦𝑒 of
the reference image. Figure 2 also shows the dashed
line of the boundaries of the object of observation in
the current frame.

Fig. 2. Illustration of the gate, reference and current
image

The correlation algorithm is used to determine the
offset of the center of the object of observation relative
to the center of the gate (reference image) [11, 16].
The correlation function is calculated when comparing

a fragment of the current image in the gate and the
reference image. In the absence of interfering factors,
the correlation function assumes the maximum value
if the image fragment in the gate contains the object
to be tracked. This allows you to determine the offset
∆𝑥 and ∆𝑦 of the target relative to the reference
image, because the gate fragment contains the image
of the object and is most similar to the reference
image. As a result of the influence of background, noise,
interference, changes in geometric shape and size, the
displacement of the target is determined with a certain
error.

The calculated offsets of the center of the object
of observation relative to the center of the gate are
described by the following expressions:

∆𝑥𝑀 (𝑘)=∆𝑥(𝑘)+𝑣𝑥(𝑘);

∆𝑦𝑀 (𝑘)=∆𝑦(𝑘)+𝑣𝑦(𝑘),
(1)

where ∆𝑥𝑀 (𝑘), ∆𝑦𝑀 (𝑘) – measured offsets of the
center of the object of observation relative to the center
of the reference image in the 𝑘-th step; ∆𝑥(𝑘), ∆𝑦(𝑘)
– true offsets of the center of the object of observati-
on relative to the reference image in the 𝑘-th step;
𝑣𝑥(𝑘), 𝑣𝑦(𝑘) – errors in measuring the displacement of
the center of the object of observation relative to the
reference image on the 𝑘-th step, which are Gaussian
with zero mathematical expectation and correlation
matrix R(𝑘).

The next step in solving the problem of tracking the
target is to determine the parameters of the movement
of the object. When measuring the coordinates of the
target, a rectangular coordinate system (CS) is used, so
a rectangular CS is also used to describe the movement
of a small UAV. The model of motion of the UAV image
center in a rectangular CS in the form of a discrete
dynamic system has the form:

u(𝑘)=Fu(𝑘−1) +G𝜔(𝑘), (2)

where u𝑇 (𝑘) = (𝑥(𝑘), �̇�(𝑘), 𝑦(𝑘), �̇�(𝑘)) – state vector
including position coordinates 𝑥(𝑘), 𝑦(𝑘) and the rate
of change of position �̇�(𝑘), �̇�(𝑘) on the corresponding
axes of the rectangular CS; 𝜔(𝑘) – excitation noise with
a correlation matrix

Q=𝑑𝑖𝑎𝑔(𝜎2
𝑎𝑥, 𝜎

2
𝑎𝑦);

F=

⎡⎢⎢⎣
1 𝑇 0 0
0 1 0 0
0 0 1 𝑇
0 0 0 1

⎤⎥⎥⎦ ; G=

⎡⎢⎢⎣
𝜎𝑎𝑥

𝑇 2

2 0
𝜎𝑎𝑥𝑇 0

0 𝜎𝑎𝑦
𝑇 2

2

0 𝜎𝑎𝑦𝑇

⎤⎥⎥⎦ ,
(3)

F – system transition matrix; G – known matrix in
the current step; 𝑇 – data rate; 𝜎2

𝑎𝑥, 𝜎
2
𝑎𝑦 – dispersions

accelerate the movement of the target on each axis,
defined as follows:

𝜎2
𝑎𝑥 =

𝑎2𝑚𝑥

3
; 𝜎2

𝑎𝑦 =
𝑎2𝑚𝑦

3
, (4)

where 𝑎𝑚𝑥, 𝑎𝑚𝑦 – modules of the maximum value of
acceleration of the target on each axis.
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In the obtained model (2), the change of the target
motion parameters along each axis of the rectangular
CS is described by a second-order dynamic system [17],
the state vector of which contains the coordinates of
the position and the rate of change of position. The
equations for observing a small UAV in the current
frame are as follows:

𝑥𝑀 (𝑘)=𝑥𝑒(𝑘)+∆𝑥𝑀 (𝑘)=

=𝑥𝑒(𝑘)+∆𝑥(𝑘)+𝑣𝑥(𝑘)=𝑥(𝑘)+𝑣𝑥(𝑘);

𝑦𝑀 (𝑘)=𝑦𝑒(𝑘)+∆𝑦𝑀 (𝑘)=

=𝑦𝑒(𝑘)+∆𝑦(𝑘)+𝑣𝑦(𝑘)=𝑦(𝑘)+𝑣𝑦(𝑘).

(5)

where 𝑥𝑀 (𝑘), 𝑦𝑀 (𝑘) measured coordinates of the
target in a rectangular CS.

The equations of observation in vector-matrix form
have the following form:

uM(𝑘)=Hu(𝑘)+𝜐(𝑘), (6)

where uM(𝑘) = (𝑥𝑀 (𝑘), 𝑦𝑀 (𝑘)) – the observation
vector, including the measured coordinates of the
target in the rectangular CS;

𝜐(𝑘)=(v𝑥(𝑘), v𝑦(𝑘)) – vector of measurement errors
with a correlation matrix R(𝑘) having the form:

R(𝑘) =

[︂
𝜎2
𝑥(𝑘) 𝜎2

𝑥𝑦(𝑘)
𝜎2
𝑥𝑦(𝑘) 𝜎2

𝑦(𝑘)

]︂
; (7)

H – observation matrix having the form:

H =

[︂
1 0 0 0
0 0 1 0

]︂
.

Theoretically, the components of the correlation
matrix of measurement errors R(𝑘) are quite diffi-
cult to determine, because they depend on many
factors: the size and statistical characteristics of the

target image, the properties of the noise in the image,
background, and so on. Components can be determi-
ned experimentally for different conditions and used
depending on the case, based on the characteristics of
the current image.

Expressions (2) and (6) specify the model of moti-
on of the target and the equation of observation in
the Cartesian coordinate system of the frame. The
discrete Kalman filter synthesized by equations (2), (6)
is described by the expressions [12,13]

u*(𝑘)=Fû(𝑘−1); (8)

û(𝑘)=u*(𝑘)+K(𝑘)(u𝑀 (𝑘)−Hu*(𝑘)); (9)

P*(𝑘)=FP̂(𝑘−1)F𝑇 +GQG𝑇 ; (10)

K(𝑘)=P*(𝑘)H𝑇 (HP*(𝑘)H𝑇+R(𝑘))
−1

; (11)

P̂(𝑘)=P*(𝑘)−K(𝑘)HP*(𝑘), (12)

where u*(𝑘), û(𝑘) – vectors of forecast and estimati-
on of parameters of movement of the purpose at the
moment of time; P*(𝑘), P̂(𝑘) – correlation matrices
of forecast and estimation errors, respectively; K(𝑘) –
Kalman filter gain.

To run the Kalman discrete filter, you must speci-
fy the initial conditions. In the presence of two
measurements at the same time 𝑘 = 0 and 𝑘 = 1 the
vector of the initial estimate has the form

ûT(1)=

(︂
𝑥𝑀(1),

𝑥𝑀(1)−𝑥𝑀(0)

𝑇
, 𝑦𝑀(1),

𝑦𝑀(1)−𝑦𝑀(0)

𝑇

)︂
.

(13)
The correlation matrix of errors of the initial esti-

mate is equal to

P̂(1) =

⎡⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

𝜎2
𝑥(1)

𝜎2
𝑥(1)
𝑇 𝜎2

𝑥𝑦(1)
𝜎2
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𝑇

𝜎2
𝑥(1)
𝑇

𝜎2
𝑥(1)+𝜎2

𝑥(0)
𝑇 2 + 𝜎2

𝑎𝑥𝑇
2 𝜎2

𝑥𝑦(1)

𝑇

𝜎2
𝑥𝑦(1)+𝜎2

𝑥𝑦(0)

𝑇

𝜎2
𝑥𝑦(1)

𝜎2
𝑥𝑦(1)

𝑇 𝜎2
𝑦(1)

𝜎2
𝑦(1)

𝑇

𝜎2
𝑥𝑦(1)

𝑇

𝜎2
𝑥𝑦(1)+𝜎2

𝑥𝑦(0)

𝑇

𝜎2
𝑦(1)

𝑇

𝜎2
𝑦(1)+𝜎2

𝑦(0)

𝑇 2 + 𝜎2
𝑎𝑦𝑇

2

⎤⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦
. (14)

In practice, to simplify the filtering algorithm, the
cross-correlation between measurement errors in the
rectangular CS 𝜎2

𝑥𝑦(𝑘) is neglected by setting to zero.
As a result, the fourth-order Kalman filter is divided
into two second-order filters and independent filtering
is performed on the coordinates 𝑥 and 𝑦.

The coordinates of the gate center are calculated at
the forecast stage and are equal to

𝑥𝑒(𝑘) = 𝑥*(𝑘);

𝑦𝑒(𝑘) = 𝑦*(𝑘).
(15)
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2 Analysis of the accuracy of

UAV positioning in the current

frame

As noted above, theoretically standard deviation
(SD) measurement errors 𝜎𝑥(𝑘), 𝜎𝑦(𝑘) are difficult
to determine. Analysis of positioning accuracy using
a correlation algorithm was performed by statistical
modeling in the Matlab environment. Fig. 3 shows the
original test images of UAVs of different sizes. They are
obtained on the basis of images in JPEG format, which
were normalized to the interval [0,1] and presented in
floating-point format. These images are used to analyze
the accuracy of positioning when moving the UAV in
the cases when the reference image is ideal, as well as
distorted by noise. As interference the discrete white
Gaussian noise with dispersion 𝜎2

𝑛 was used.

The gate with the reference image had the shape
of a rectangle, in the center of which was the image
of a UAV. Its sides were three times larger than the
sides of the UAV test image. The observed image had
the same dimensions as the strobe. But in each test,
the test image of the UAV in it was located equally

likely. The mutual correlation function was calculated
using spectral transformations [3] based on the discrete
Fourier transform.

Fig. 4 presents the results of calculating the
normalized mutual correlation function of the reference
and current image of 10 by 6 pixels, distorted by noise
with 𝜎𝑛 = 0.1.

The presence of noise leads to a decrease in the
correlation coefficient of the images, as well as to the
appearance of additional local extremes. The presence
of local extrema leads to possible errors (erroneous
decisions) in determining the offset of the current image
relative to the reference image.

The Monte Carlo method was used to evaluate
SD 𝜎𝑋 and 𝜎𝑌 and UAV positioning errors along the
X and Y axes in 1000 implementations. The study
was performed at different SD of noise 𝜎𝑛. In order
to compare the positioning accuracy for different test
images, the normalized SD �̄�𝑋 and �̄�𝑌 and UAV positi-
oning errors were calculated according to the formulas

�̄�𝑋 = 2𝜎𝑋/𝑙𝑋 , �̄�𝑌 = 2𝜎𝑌 /𝑙𝑌 , (16)

where 𝑙𝑋 , 𝑙𝑌 – the sizes of the observed images on the
corresponding axes.

(𝑎) (𝑏) (𝑐)

Fig. 3. Reference image (a) 25 by 15 pixels, (b) 18 by 12 pixels, (c) 10 by 6 pixels

Fig. 4. Normalized mutual correlation function of noisy images

The simulation results are shown in Fig. 5. Curves
2, 4, 6 characterize situations when the reference image
is ideal and curves 1, 3, 5 are provided for images
distorted by noise. As follows from the curves,

the correlation method provides subpixel positioning
accuracy. The noise level of the reference image leads to
the appearance of the noise component of the position-
ing error, which increases significantly with increasing
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SD of noise 𝜎𝑛 and decreasing image size (energy of
the signal component). The obtained results make it
possible to determine the conditions for acceptable
determination of UAV position and probable condi-

tions when UAV support is disrupted, which in turn
allows us to determine the conditions for effective use
of correlation algorithms for unmanned aerial vehicle
support in video surveillance systems.

(a)

(b)

Fig. 5. The results of experiments for images (a) SD on 𝑥, (b) SD on 𝑦
(1 - without the noise of the reference for 25 by 15 pixels, 2 - with the noise of the reference for 25 by 15 pixels,
3 - without the noise of the reference for 18 by 12 pixels, 4 - with the noise of the reference for 18 by 12 pixels,
5 - without the noise of the reference for 10 by 6 pixels, 6 - with the noise of the reference for 10 by 6 pixels)

3 Analysis of the efficiency of

the Kalman-type correlation

algorithm for UAVs tracking

The analysis of the correlation algorithm for UAV
tracking based on the Kalman filter was also performed
using the Monte Carlo method. The MATLAB
program simulated the movement of the target in a
rectangular coordinate system with the initial position
𝑥1 = 100 pixels, 𝑦1 = 100 pixels and speed �̇� = 10
pixels/tact, �̇� = 10 pixels/tact. The intensity of the

maneuver is set to 𝜎𝑎 = 1 pixel/tact2. The number of
samples of trajectories N=20. The rate of information
T=1 tact. Errors for measuring the rectangular coordi-
nates of the target by the correlation method were set
𝜎𝑋 =𝜎𝑌 =1 pixel. The number of implementations of
the Monte Carlo method is equal to M=1000.

To analyze the features of the filtering algorithm,
a test image of UAV with size 10 by 6 pixel was used,
the accuracy of positioning of which by the correlati-
on method significantly depends on the noise power
in the image. In the experiment SD of noise in the
image is 𝜎𝑛= 0.1. Figure 6 a, c shows the mathematical
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expectations 𝑚*
𝑥,𝑚

*
𝑦 (curves 1), SD target position

prediction errors 𝜎*
𝑥, 𝜎

*
𝑦 (curves 2) obtained by the

Monte Carlo method and SD target position predi-
ction errors calculated by the filter

√
𝑝*𝑥,

√︀
𝑝*𝑦 (curves

3). Fig. 6, b , d shows the mathematical expectations
�̂�𝑥, �̂�𝑦 (curves 1), SD errors in estimating the position
of the target �̂�𝑥, �̂�𝑦 (curves 2), obtained by the Monte

Carlo method and SD errors in forecasting the position
of the target, calculated by the filter

√︀
𝑝𝑥,

√︀
𝑝𝑦 (curves

3). The actual SD of errors in estimating the coordi-
nates of the target does not exceed the theoretical SD
of estimation errors, which ensures the efficiency of the
Kalman filtering algorithm.

Fig. 6. Dependences of mathematical expectation and SD of forecast errors and estimates UAV coordinates on
the X and Y axes

Using the Monte Carlo method, the probability of
failure 𝑃𝑑 of UAV tracking was calculated depending
on the SD of noise in the image. The reference image
was also distorted by noise. The decision to disrupt
maintenance is made provided that the test image goes
beyond the maintenance gate.

In Fig. 7 shows the probabilities of UAV tracking
failure 𝑃𝑑 obtained using the Monte Carlo method, and
Fig. 8 shows the mathematical expectations 𝑚𝑡 of the
number of UAV tracking tact depending on the SD of
noise 𝜎𝑛 for the three test images.

Fig. 7. Tracking failure probabilities for images a) 25 by 15, b) 18 by 12, c) 10 by 6 pixels
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Fig. 8. Mathematical expectations of the number of tact for images a) 25 by 15, b) 18 by 12, c) 10 by 6 pixels

The considered algorithm provides high efficiency
of UAV tracking in the presence of uncorrelated
interference with SD 𝜎𝑛 < 0.25. . . 0.45 depending on
the image size (energy of the signal component), which
is due to the optimal properties of the correlation recei-
ver, which maximizes the signal-to-noise ratio at its
output. This is allows us to effectively use the Kalman-
type correlation algorithm for tracking in practice.

Conclusions

The correlation method provides subpixel position-
ing accuracy 𝜎𝑋 < 1 pixel, 𝜎𝑌 < 1 pixel. The noise
of the reference image leads to a significant increase in
the noise component of the positioning error compared
to the noiseless standard, with a decrease in image size
and an increase in SD of noise.

The cross-correlation of errors in measuring UAV
coordinates by the correlation method is, as a rule,
unknown in practice. Neglecting the cross-correlation
between measurement errors makes it possible to
simplify the tracking algorithm and to evaluate
independently the parameters of UAV motion using
the lowest order Kalman filters along the axes of a
rectangular CS.

In the considered model the Kalman-type correlati-
on algorithm of UAV tracking provides steady support
of UAV in the presence of uncorrelated interference
with SD 𝜎𝑛 < 0.25. . . 0.45 depending on the sizes
of the image (energy of a signal component) that is
caused by optimum properties of the correlation recei-
verwhichmaximizes its output signal-to-noise ratio.
This is allows us to effectively use the Kalman-type
correlation algorithm for tracking in practice.
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Аналiз ефективностi кореляцiйного
алгоритму стеження калманiвського
типу за малорозмiрним БПЛА при на-
явностi некорельованих завад

Герасименко А .О., Жук С. Я.

У статтi показано актуальнiсть задачi розробки i
аналiзу алгоритмiв стеження за малорозмiрним безпiло-
тним лiтальним апаратом (БПЛА) за даними вiдеоспо-
стережень. Найбiльш поширеною завадою на практицi,
що спотворює зображення, є просторово некорельова-
ний адитивний шум. Для виявлення об’єктiв на зо-
браженнях застосовується кореляцiйний алгоритм, який
має високу ефективнiсть в силу непрямого використан-
ня не тiльки характеристик яскравостi об’єктiв, але й їх
форми та положення.

Моделлю об’єкту спостереження є прямокутна
область, в якiй знаходиться цiль. Задача стеження зво-
диться до позицiонування цiлi в стробi супроводження
на поточному зображеннi з використанням кореляцiйно-
го алгоритму i оцiнювання параметрiв її руху на основi
алгоритму калманiвської фiльтрацiї. В синтезованому
алгоритмi фiльтрацiї оцiнювання параметрiв руху по

осям прямокутної системи координат виконується неза-
лежно фiльтрами Калмана другого порядку.

Аналiз точностi позицiонування з використанням
кореляцiйного алгоритму, а також кореляцiйного алго-
ритму стеження за БПЛА на основi фiльтру Калмана
виконано шляхом статистичного моделювання у сере-
довищi Matlab. Кореляцiйний метод забезпечує субпi-
ксельну точнiсть позицiонування. Зашумленiсть еталон-
ного зображення призводить до появи шумової скла-
дової похибки позицiонування, яка значно зростає при
зменшеннi розмiрiв зображення i збiльшеннi середньо-
квадратичного вiдхилення (СКВ) шуму на зображеннi.
В розглянутих модельних прикладах кореляцiйний ал-
горитм стеження калманiвського типу за БПЛА забез-
печує стiйке супроводження БПЛА при наявностi неко-
рельованої завади з СКВ 𝜎𝑛 < 0.25. . . 45 в залежностi вiд
розмiрiв зображення (енергiї сигнальної складової), що
обумовлено оптимальними властивостями кореляцiйно-
го приймача, який максимiзує вiдношення сигнал/шум
на його виходi. Це дозволяє ефективно використовувати
кореляцiйний алгоритм стеження калманiвського типу
на практицi при наявностi даних завад.

Ключовi слова: безпiлотний лiтальний апарат; коре-
ляцiйний алгоритм; еталонне зображення; фiльтр Кал-
мана; точнiсть позицiонування; ймовiрнiсть зриву су-
проводження

Анализ еффективности корреляцион-
ного алгоритма слежения калманов-
ского типа за малоразмерным БПЛА
при наличии некоррелированных по-
мех

Герасименко А. О., Жук С. Я.

Показана актуальность задачи разработки и анализа
алгоритмов слежения за малоразмерным беспилотным
летательным аппаратом (БПЛА) по данным видео-
наблюдений. Синтезирован корреляционный алгоритм
слежения калмановского типа за малоразмерным БПЛА
при наличии пространственно некоррелированных по-
мех, которые являются наиболее распространенными на
практике. В полученном алгоритме оценивание параме-
тров движения БПЛА выполняется независимо по осям
прямоугольной системы координат. Анализ точности
позиционирования с использованием корреляционного
алгоритма, а также корреляционного алгоритма слеже-
ния за БПЛА на основе фильтра Калмана выполнен
путем статистического моделирования в среде програм-
мирования Matlab.

Ключевые слова: беспилотный летательный аппа-
рат; корреляционный алгоритм; эталонное изображе-
ние; фильтр Калмана; точность позиционирования; ве-
роятность срыва сопровождения
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